Curtis Outlaw and C. W. Groetsch [4] have recently shown that if T is an asymptotically convergent continuous linear self-mapping of a Banach space E, and if/ is in the range of I-T, and 0<X<1, and V\=\I+(l-\)(T+f), then for each x££ the sequence { V£x} converges to a solution u of the equation u -Tit =/. Since under these same hypotheses Browder and Petryshyn [l] showed that the sequence {(T+f)"x} also converges to a solution u of u-Tu=f, the Outlaw-Groetsch theorem essentially says that the averaged iteration xn+i= V\Xn=^Xxn + (l-\)(Txn+f) yields a conservative process.
The purpose of the present paper is to establish some fairly general conditions under which { V"x} will converge to a solution u of u -Tu=f (even when {(T+f)nx} does not). Suppose E is a Banach space, T:E->E is a continuous linear operator, and fEE. For 0<X<1 we define SX=U+(1-\)T, FX=X/ + (1-X)(F+/), and AK= [anj] where an = l, ai, = 0 for j>l, and for «>1, any=(Jr11)X"-J'(l-X)J-1 for l^j'^w, and anj = 0 for j>n. It is easily seen that A* is a lower-triangular, nonnegative, infinite matrix with each row-sum equal to one and each column-limit equal to zero. For m>1 we have the real polynomial a\(t) defined by Sr\t) = (X + (1 -X)0"_1 -E anitl = al(t).
3-1
So, defining A\ = a\(T), we have S^1 = A\, since T is a linear operator. Defining b\(t) = (1 -an(t))/(\ -0, and b\ = b\(T), we have, for n^2,
Also, for »^2, we have
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since Sx is linear. It now follows at once from Theorem 3 of [3] that if T is asymptotically 4^-convergent (i.e., {i, T, T2, • • • } is an asymptotically convergent semigroup with {An} as a system of almost invariant integrals) then {Bn} forms a system of companion integrals for {4*} with respect to T. Consequently, with the above observation that Vl~lx = Anx+Bnf for all xEE and all n ^ 2, Theorem 4 of [3 ] specializes to yield the following result. In order to apply Theorem 1, one has to know only that the continuous linear operator T is asymptotically 4x-convergent for some X, 0 <X < 1. In this direction we have the following result. 
